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COGNITIVE POSITIONING SYSTEM

CROSS-REFERENCE TO RELATED
APPLICATIONS

This application claims priority to U.S. Provisional Patent
Application No. 60/881,945, entitled: “Adaptive Positioning
System for Cognitive Radios,” filed Jan. 23, 2007.

FIELD OF INVENTION

This invention relates to positioning systems, and more
specifically to adaptive positioning systems for cognitive
radios.

BACKGROUND OF THE INVENTION

Location awareness is one of the fundamental characteris-
tics of cognitive radio (CR) technology. Realization of loca-
tion awareness requires incorporation of a location informa-
tion management system into cognitive radios and/or
networks. In [1], a system model for location information
management in cognitive wireless networks is introduced and
it is extended and referred as location awareness engine in [2].
Both [1], [2] provide numerous application of location aware-
ness in cognitive radios as well as wireless networks. These
applications are fourfold; location-based services (LBSs),
location-assisted network optimization, environment charac-
terization [3], and transceiver algorithm optimization. Vari-
ous detailed applications for each of these four categories are
provided in [1]-[3].

Applications of location awareness can require different
level of positioning accuracy. For instance, generally, indoor
positioning systems demand higher precision accuracy com-
pared to outdoor positioning systems. More specifically, asset
management in industrial areas, which is a local positioning
application, can require typically 0.05-30 m accuracy
depending on the specific applications [4]. On the other hand,
E911 services require 50-300 m accuracy in most cases [5].
For instance, when a CR device is located in the outdoor
environment (e.g. in a public park), CR can adjust its accuracy
level to 100 m to satisfy E911 services requirements in the
United States. In this case, it can be assumed that the current
waveform of the CR is GSM and the CR user leaves from the
park to home. After entering to the home, the CR device
recognizes the WLAN network at home using its interoper-
ability capability and it switches its waveform to WLAN.
Consequently, it can improve its positioning accuracy (e.g. 5
m) since it operates in the indoor environment. In order to
support different location awareness based applications using
CRs, an adaptive positioning system that can achieve accu-
racy adaptation in both indoor and outdoor environments is
required.

To the best of inventors’ knowledge, there is no solid study
in the literature on the evaluation and comparison of the
existing positioning technologies (e.g. GPS, UWB position-
ing) in the light of realization of location awareness in CRs.
This issue is a current research topic since the accuracy and
complexity of the employed positioning technique can affect
the performance of the location awareness related applica-
tions. However, in this specification, a brief discussion on
some of the existing positioning technologies such as GPS
and UWB positioning is provided. There are different forms
of GPS technology; standard GPS (4-20 m accuracy), Code-
Phase GPS (3-6 m accuracy), Carrier-Phase GPS (3-4 mm
accuracy), Differential GPS (sub-decimeter) [6], Assisted-
GPS (less than 10 m accuracy) [7], Indoor GPS [8], and
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2

Software GPS [9]. As it can be seen that each of these GPS
technologies provides a different level of accuracy. Even
combining these different forms of GPS in a single device to
provide switched accuracy level (not adaptive) is impractical
and costly. However, software GPS is a promising method to
switch between different GPS forms. But, eventually, this
approach will only provide a set of fixed accuracy levels that
are provided by each form of GPS. Basically, the existing
GPS technologies do not have a capability to achieve accu-
racy adaptation. Moreover, GPS is not a low-cost and low-
power solution [10] for some wireless networks (e.g. wireless
sensor networks) where the cost and power are the major
concerns.

Another alternative technology is UWB positioning, which
has the capability to provide centimeter ranging accuracy due
to the use of large bandwidth during the transmission [11].
However, this technology does not have a capability to
achieve accuracy adaptation either. Moreover, this technol-
ogy provides such fixed and high-precision positioning accu-
racy within only short ranges. In [12], a hybrid distance
estimation technique for a legacy positioning system that is
based on time-of arrival (TOA) and signal strength methods is
disclosed. The technique provides flexibility to improve the
accuracy using a priori distance information rather than
achieving accuracy adaptation.

The details of the existing location estimation (e.g. trian-
gulation, proximity) and sensing (e.g. scene analysis) tech-
niques in CR context are presented in [2]. Moreover, the
details of some specific location estimation techniques such
as TOA for CRs are provided in [13]. However, according to
[2], legacy positioning techniques without enhancements do
not provide the required cognition capability that a CR
demands. As a result, deficiencies of the existing legacy posi-
tioning systems in terms of providing cognition features such
as accuracy adaptation in our case motivate us to develop a
cognitive positioning system (CPS). TOA, signal strength,
and angle-of-arrival (AOA) legacy location estimation tech-
niques can be considered as candidates for the disclosed CPS,
if they can be enhanced with cognition capabilities. AOA
techniques are mostly implemented by means of antenna
arrays. But, angulation employing antenna arrays is not suit-
able for rich multipath environments such as indoor UWB
propagation channel due to the cost and imprecise location
estimation [14]. On the other hand, signal strength based
methods provide high accuracy only for the short ranges since
the Cramer-Rao Lower Bound (CRLB) for these methods
depend on the distance [12]. Moreover, the performance of
the estimator for signal strength techniques depends on the
channel parameters such as the path loss factor and standard
deviation of the shadowing effects. Additionally, CR does not
have much control over the channel parameters but to mea-
sure them in order to adjust the accuracy. Since the accuracy
of TOA techniques mainly depends on the parameter that
transceiver can control, it is the most suitable location esti-
mation technique for the CPS. Therefore, the legacy TOA
technique is improved and referred as adaptive-TOA
(A-TOA) in this specification. This technique is adopted for
the CPS in order to determine the required effective band-
width and consequently to estimate the location information.
Dynamic spectrum management (DSM) in CR technology
can be used for both communications [15] and positioning
systems. However, the performance and optimization
requirements for both systems can be different. For instance,
one of the main performance parameters in the communica-
tions systems is data rate, whereas it is accuracy in the posi-
tioning systems.
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Similarly, the optimization algorithm that is used by DSM
for the communications and positioning systems can be dif-
ferent. The optimization algorithm used by DSM to support
positioning systems is referred as enhanced dynamic spec-
trum management (EDSM) in this specification. The dis-
closed CPS allows CR to adjust the positioning accuracy
adaptively in both indoor and outdoor environments. This
technique is composed of two modes, which are bandwidth
determination and EDSM.

In the first mode, CPS determines the required effective
bandwidth for a given accuracy. A-TOA estimation technique
is used in this mode. The required effective bandwidth is
determined using the bandwidth determination equation,
which is derived through CRLB for both additive white Gaus-
sian noise (AWGN) and multipath channels in this specifica-
tion. Once the effective bandwidth is determined, the second
mode that is the EDSM system is initiated. The main respon-
sibility of the EDSM is to search, find and provide the opti-
mum available bandwidth to the CPS. Two EDSM schemes,
which are overlay spectrum access based EDSM (O-EDSM)
and hybrid overlay and underlay spectrum access based
EDSM (H-EDSM) are disclosed. An algorithm for H-EDSM
method that is used to switch between underlay and overlay
spectrum usage modes is introduced. The switching algo-
rithm is developed based on Two-slope (2-Ray) model.
Finally, the specified relative bandwidth is used by the refer-
ence CR node to transmit signal, and a TOA based location
estimation algorithm (e.g. A-TOA) is employed by the target
CR node to estimate the location with given accuracy. Note
that it is assumed that the reference and target CR nodes agree
on the relative bandwidth during the initial ranging hand-
shake mechanism. Moreover, simulation results and chal-
lenges related to the implementation of CPS are presented in
this specification.

The specification is organized as follows: a definition of
CR along with the system model is provided in Section II. In
Section III, theoretical analysis for bandwidth determination
in both AWGN and multipath channels through the CRLB is
presented. In Section IV, the EDSM system for the CPS along
with O-EDSM and H-EDSM schemes are discussed. Simu-
lation results and implementation challenges of the disclosed
CPS are presented in Section V. The remarkable conclusions
and further studies are outlined in Section V1.

BACKGROUND AND SYSTEM MODEL

A globally recognized clear-cut definition of CR does not
exist yet. However, there are some significant efforts to
clearly define the new concepts and terminologies such as
recent formation of the IEEE 1900 standard [ 16]. The purpose
of IEEE 1900.1 Working Group is to provide technically
precise definitions and explanations of key concepts in the
fields of spectrum management, policy defined radio, adap-
tive radio, software defined radio, and related technologies.
Moreover, most of the existing definitions of CR and their
comparison can be found in [17]. In this specification, the
inventors adopted the CR definition that includes the features
of all the existing CR definitions reported in [17]. The inven-
tors define CR as a radio transceiver that has the following
capabilities; adaptation, sensing (e.g. internal (its own capa-
bilities) and external (environment)), awareness (e.g. internal
and external), learning (e.g. environment), goal driven
autonomous operation, no interfering other devices or at pre-
defined level. The type of location information that needs to
be estimated or sensed plays an important role to determine
the complexity of the positioning systems. Hence, the loca-
tion information is classified into four categories based on its
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dimension; 1-dimensional (1-D), 2-D, 3-D, and 4-D [1], [2].
The location of a device or object can be determined either by
estimation or sensing techniques. The former ones such as
triangulation and proximity require certain amount of mea-
surements based on the technique used whereas the latter
ones such as scene analysis require sensing devices to observe
or acquire some information from the environment. In the
majority of location estimation and sensing techniques, the
dimension of location information that needs to be estimated
or sensed determines minimum number of reference devices
required and the geometric relationship between them. For
instance, distance measurements from three devices (multi-
lateration) that are located in a non-collinear manner are
required to estimate the location of a device in 2-D. On the
other hand, estimation of the 3-D location of a device requires
the distance measurements from four non-coplanar devices
[18]. As a result, CR can optimize the performance and com-
plexity of the positioning algorithm by having a priori infor-
mation about the dimension of the location information. For
instance, the signal traffic and power consumption due to the
positioning in CR and cognitive wireless network can be
reduced.

A long-felt but unfulfilled need exists for an adaptive posi-
tioning system for cognitive radios.

SUMMARY OF INVENTION

The disclosed adaptive positioning system for cognitive
radios in this specification is referred as cognitive positioning
system (CPS). The CPS allows cognitive radios to adjust the
positioning accuracy adaptively in both indoor and outdoor
environments. This technique is composed of two modes,
which are bandwidth determination and hybrid overlay and
underlay enhanced dynamic spectrum management
(H-EDSM) system. Since the accuracy of TOA techniques
mainly depends on the parameters that transceivers can con-
trol, it is one of the most suitable location estimation tech-
niques for the disclosed CPS [8]. Therefore, legacy TOA
technique is improved and it is referred as adaptive TOA
(A-TOA) method in this specification. This technique is
adopted for the CPS to determine the required effective band-
width as well as to estimate the location information.

BRIEF DESCRIPTION OF THE DRAWINGS

For a fuller understanding of the invention, reference
should be made to the following detailed description, taken in
connection with the accompanying drawings, in which:

FIG. 1 is a block diagram of the claimed cognitive posi-
tioning system.

FIG. 2 is a graph showing the effects of Kk on d,, ,,, (h,,=1.66
m, h,_=1.2m).

FIG. 3 is a graph showing the effects of x on d,, ,,,,, (h,=1.2
m, h, =5 m).

FIG. 4 is a graph showing performance of Maximum Like-
lihood estimator for accuracy adaptation.

FIG. 5 is a graph showing relative distance estimation error
performance of Maximum Likelihood estimator for accuracy
adaptation.

FIG. 6 is a diagrammatic flowchart showing an embodi-
ment of the invention for determining effective bandwidth.

DETAILED DESCRIPTION OF THE PREFERRED
EMBODIMENT

In this invention, estimation of 1-D location information
between two CR devices using the disclosed CPS is provided.
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Although the analysis is provided for the estimation of 1-D
location information, it can be easily extended to the estima-
tion of multi-dimensional location information by one of
ordinary skill in the art. In the CPS system, a reference CR
transmits a stream of pulses. In this specification, it is
assumed that reference and target CR devices are perfectly
synchronized. A single-pulse system where a pulse p(t) with
the duration of T, is transmitted over a symbol duration T, is
considered for the sake of analysis. However, the analysis can
easily be extended to the multipulse case. It is also assumed
that T, is large enough to avoid intersymbol interference (ISI).
The inventors define energy of the pulse as €, ep*:f_w"apz(t)
dt. In our case, the symbol energy € equals to €, due to
transmission of a pulse per symbol and the inventors assumed
that €,=1. Since the modulation is not used for positioning
purpose [19], the transmitted waveform is,

s =e Y pu—kIy). O]
k

BANDWIDTH DETERMINATION IN AWGN
CHANNELS

By considering that CR transmits the signals over a single-
path AWGN channel, the received signal r(t) is,

#(t)=s(y=s(t=v)+n(2),

@

where T is the path delay to be estimated (path amplitude
assumed to be unity) and

n(t) is zero-mean white Gaussian noise with a spectral
density of o,%. The log-likelihood function of T is given by,

1 To » 3)
AlT) = —zf [r() = s(r — 7)]° d1.
205 Jo

where T _=KT| is the observation period that consists of K
symbols. The Fisher Information Matrix (FIM) for T is a 1x1
matrix and the element [.__ is given by [20],

1 To i s 4
Se= 5 fo [s— o dr,

where s*(1)=3s(1)/30 is the first-derivative function of s(t).
After straightforward algebraic manipulations, the variance
of delay estimation error var["t] is obtained (also known as
CRLB),

Ts ) -1 (5)
var[?] = (nyf [p(t—7)] dl] s
0

where y,~€/a,” is the symbol signal-to-noise ratio (SNR).
By using the Fourier transformation along with its time dif-
ferentiation property, the frequency domain representation of
(5) is,
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where [ is the effective bandwidth of p(t) and it is defined
as,

M

£ fm mwﬂP(w)Pdw]m,

where P(w) is the Fourier transform of p(t). Despite the fact
that legacy systems employ generally the electromagnetic
waves for the transmission, CR can have a capability to use
different waves that have different velocities depending on
the situation. For instance, the velocity of the sound wave is
344 meter/second (m/s) whereas the velocity of the light ¢ is
approximately 3.10% m/s in the air [18]. Hence, the estimated
delay is given by “t="d/v where "d and v are the estimated
distance and velocity of the waves, respectively. After some
modifications on (6), the bandwidth determination equation
is obtained,

_ [ vM@

where M("d) is the positioning accuracy, which is inversely
proportional to the variance of distance estimation error (M("
d)=1/var["d]). In the disclosed CPS, CR specifies the desired
accuracy M('d) along with K, y, and v values. Then, the
required effective bandwidth is determined by using (8). As a
numerical example, if the CR requires to have an accuracy of
M("d)=0.25 m_, at v, =10 dB over K=10 symbols using the
electromagnetic waves (v=c), the required effective band-
width is =15 MHz. Furthermore, the following equation is
obtained by assuming K, v, and v values are fixed to show the
bandwidth-accuracy relationship,

®

()]
A

B _ | M@y
B\ M)

For instance, if the CR needs to reduce the accuracy from
0.25 m_, to 0.0625 m_, the required bandwidth decreases
from 15 MHz to 7.5 MHz. Once the CPS determines the
required effective bandwidth for a given accuracy, granting
and utilization of the effective bandwidth are handled by the
EDSM system that is discussed in the later sections. For the
disclosed EDSM scheme, it is assumed that K, vy, and v
parameters are fixed and known.

A similar approach can be followed to derive bandwidth
determination equation for multipath propagation channels,
which the detailed derivation can be found in the Appendix.

EDSM SYSTEM

Once the CPS determines the required effective bandwidth
for a given accuracy, it consults to the EDSM system for the
availability of the required bandwidth in the spectrum. If the
EDSM system informs the CPS that the desired effective
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bandwidth is available to be used, then CR transmits the
signal with the required bandwidth to achieve the desired
positioning accuracy.

There are two main approaches of spectrum sharing for
communications systems (not for positioning systems) in the
literature, which are overlay (opportunistic) and underlay
[21], [13]. In the former approach, unlicensed users are
allowed to utilize the licensed bands in opportunistic and
non-interfering manners and temporarily in the absence of the
associated licensed users. On the other hand, the basic idea
behind the latter approach is permitting low power unlicensed
users, which operate at the noise level of the licensed users, to
utilize the licensed bands simultaneously with the associated
licensed users.

Probability of finding unused bands in the spectrum is one
of the main metrics behind the idea of EDSM. Some mea-
surement results on the utilization of spectrum are reported in
the literature [22], [23]. In [22], 2 measurement campaign is
conducted to determine the usage of 30-3000 MHz spectrum.
Theresults show that only 13% of'the this spectrum is utilized
on average. Furthermore, similar measurement campaign is
performed for 3-6 GHz frequency band. According to the
results, the actual spectrum utilization in 3-4 GHz band is
0.4% and this drops to 0.3% in the 4-5 GHz band.

These results imply that statistically more unused bands
are available at higher frequencies (e.g. above 3 GHz). How-
ever, operating at higher frequencies has some disadvantages
such as higher propagation loss and lower range and penetra-
tion compared to low frequency bands [24]. Moreover,
weather induced impairments and attenuation have impacts
on the high frequency propagation as well [25], which needs
to be considered in the EDSM systems. One of the methods to
combat the aforementioned losses due to operating at high
frequencies is to use appropriate antennas (e.g. directional
antennas) and advanced multiple antenna systems (e.g.
MIMO, beamforming) [26]. Especially, MIMO systems can
be used to improve the spectrum efficiency in the EDSM
systems [13]. Furthermore, MIMO systems can be used to
improve the accuracy of positioning systems [27]. In the
cognitive positioning context, MIMO systems require less
bandwidth than single antenna systems for achieving a given
accuracy, which is another way of improving the bandwidth
efficiency in the EDSM systems. Although single-antenna
systems are considered for the disclosed CPS in this specifi-
cation, the analysis can be extended to the multiple-antenna
systems case.

Let the set of available relative bandwidth for §§ in the
spectrum be y,,, which is defined as

Jona
fe,

10

Xn= n=1,... ,N,

where £, is the maximum frequency component of the
available bandwidth and it is defined as (fc,+p/2). Center
frequency of nth available relative bandwidth and the total
number of available relative bandwidth are denoted as fc,, and
N, respectively. It is assumed that fc,<fc,, |, Vn is satisfied.
Furthermore, let B to be the optimum relative bandwidth in
terms of providing the desired accuracy, which is estimated
by the EDSM. Achieving more approximate positioning
accuracy comes with the cost of additional complexity.

Therefore, O-EDSM and H-EDSM are two schemes that
are disclosed in order to exhibit the trade-off between the
positioning accuracy and the complexity of the EDSM.
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A. O-EDSM Technique
In the case of availability and unavailability of 8, the rules
and criteria for each case are outlined as follows.
Condition A: If there are some available unused bands for
overlay spectrum access;
1) If the exact [ is available;
N=1: Since there is no any other choice, B=y;.
N>2: This implies that the desired f is available in more
than one portion of the spectrum. In such case, B is
selected using the following criterion,

(1D
B= {Xh |ft = argltnax()(n)}.

The reason behind this selection criterion is that transmis-
sion over low relative bandwidth may introduce additional
frequency-dependent path loss, which can decrease the detec-
tion probability of the first arrival path. As a result, detection
probability of the first arrival path in TOA estimation tech-
nique affects the positioning accuracy. However, the prob-
ability of finding an unused band for the desired bandwidth in
the high frequency bands (e.g. above 3 GHz) is greater than
low frequency bands since the latter ones are more attractive.

2) If the exact f is not available;

Find an available relative bandwidth that is the closest to

the desired bandwidth.

Let B, the k-element vector of available effective band-
width ordered from low to high center frequency for a given
time. Also, let bandwidth error p be the metric that is used to
select the most approximate effective bandwidth. The corre-
sponding k-element bandwidth error vector p, is defined as

=Pl 12)

The effective bandwidths providing the minimum band-

width error are determined.

Note that bandwidth resolution of CR can affect the mag-
nitude of the bandwidth error. Moreover, the bandwidth error
affects the performance of the CPS, which is out of scope of
this specification. The n-element vector (n=k) containing
these effective bandwidths is denoted as f3,, and its elements
are determined using the following equation,

- = n . (13)
B = {ﬁk» [k = argrmn(pk)}-

Use (10) to obtain the corresponding available relative
bandwidths for f§,,, which are 7. Finally, the resultant B
is obtained by using (11).

Condition B: If there is no available bandwidth in the
spectrum using overlay spectrum access; Efficient usage of
the spectrum depends on the performance of spectrum shap-
ing technique thatis employed. OFDM is one of the candidate
spectrum shaping methods for CR technology.

There are two type of OFDM-based spectrum shaping
techniques, which are single band-OFDM (SB-OFDM) and
multi band-OFDM (MB-OFDM) [2]. As the name implies,
the former shapes the spectrum using single bandwidth,
whereas the latter shapes the spectrum by dividing the total
bandwidth into sub-bandwidths. Ideally, it is desirable that
spectrum shaping techniques allocate bandwidths to the users
inuncluttered manner where there are not much gaps between
them.

However, in reality, the bands can be cluttered resulting in
the spectrum being full instantaneously or temporarily. How-
ever, if the bandwidth allocation process is statistically
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updated often enough then the existence of such cases would
not be a problem. As a worst case scenario where there is no
any available bandwidth in the spectrum, the CPS declares
that it cannot estimate the location of the device at the
moment.

B. H-EDSM Technique

It is desirable to find the exact § rather than the f§ in the
EDSM mode. In the case of unavailability of the exact 3 in the
overlay spectrum usage manner, it can be available to be
utilized using underlay spectrum access techniques. Since
these techniques provide limited coverage due to the power
limitations, a priori rough information regarding the distance
between the target and reference CR devices d is required.

Moreover, a priori information about threshold distance d,,,
that is used to manage the transition between the overlay and
underlay spectrum access modes must be available. In this
specification, d,;, is defined as the coverage radius that a CR
can establish a link with another CR at acceptable QoS level.

If d=d,, condition is satisfied, the underlay spectrum
access techniques can be used. Two-slope (ray) model is
considered to derive an equation for the estimation of d and
d,,. Approximate receive power as a function of distance for
both indoor and outdoor environments is given by [28]

d, 14

. A2 2
P(d) :Prx(_~] ( ~] ,
Ard) \d, +d

where P, is the transmit power, A, is the signal wavelength,
and d, is the Fresnel breakpoint distance (FBD). The FBD for
both indoor and outdoor environments can be determined by
[28],

 Dhhnf
- Zetal

4 1s)

where h,, and h,_ are the heights of the transmitter and
receiver antennas from the ground, respectively. Since d,
depends on the operational environment, ideal CR can sense
the environments using a sensing technique such as scene
analysis to determine its operational environment (i.e. indoor
oroutdoor) [13],[29], [30], [31],[1],[2], [3]. Moreover, ideal
CR can determine roughly its antenna height from the ground
by using a sensing technique. If'this is not the case, predefined
constraints and information on h,, and h, can be provided to
the CR. The total received power P can be defined as,

P(d)=P,(d)+I+n, (16)

where I and 1) represent the total interference seen by the
target CR receiver and thermal noise, respectively. After
manipulating (16), the following equation in unknown d is
obtained,

an
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10
TABLE

A NUMERICAL EXAMPLE FOR DETERMINING d AND d,;,.

Indoor Outdoor Unit
d, 10 60 m
h,, 1.66 5 m
h,, 1.2 1.2 m
f 125 250 MHz
P, -42 -42 dBm
P, =70 -100 dBm
Prmar -41.3 -41.3 dBm
P min -80 -80 dBm
K 630.96 630960
Ky 7413.1 7413.1
d 13.54 103.83 m
dg, 18.76 67.32 m

By solving (17), the following equation for the unknown d
is obtained,

. (18)

d =05

5

d,
do+ /d§+\/;v—}
fr

where k=(P,/P,.) and it can be considered as the instanta-
neous dynamic range of a CR transceiver. The bounds on P,
and f are determined by the regulatory agencies. For instance,
if UWB technology is considered for underlay spectrum
shaping [32] maximum P,, for indoor environments is deter-
mined by Federal Communications Commission (FCC) inthe
United States to be -41.3 dBm/MHz [33]. The allocated
frequency ranges for UWB devices are 3.1-10.6 GHz and
100-960 MHz. Maximum allowable P, mandated by the
regulatory agencies is denoted by P, ... P, level is mainly
limited by the sensitivity of CR receiver, which is defined as
the minimum power level that can be detected (P, ,,,,) It is
reported that acceptable minimum signal level at the mobile
devices are —90 dBm [28]. The following ratio is defined as
maximum dynamic range of CR transceiver,

P P max (19
T Promin

By substituting x for x,,,,, in (18), the following equation
that determines d, is obtained,

20

di = 05|, +

do
A2 + N Kpex Yo .
fr

Numerical examples for determining d and d,, for both
indoor and outdoor environments are tabulated in Table I.
According to these results, CR cannot utilize the spectrum in
anunderlay manner for outdoor case since d>d,,,. On the other
hand, CR can switch to the underlay spectrum usage mode in
indoor case since d=d,, is satisfied.

Signal-to-interference and noise ratio (SINR) is an impor-
tant parameter that is used to measure the reliability of the link
and it is defined as,
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A2od,
P’X(m) (do+d] _

I+n

@D

SINR =

The link outage probability P, is given by the following
equation and it can be solved in a straightforward manner
[34],

P,,.=~Pr(SINR=SINR,,), 22)

where SINR? is a given threshold SINR value and Pr(.)
represents the probability function. In this specification,
it is assumed that connectivity is lost when SINR is
below a given SINR,,,.

The steps for the H-EDSM scheme in order to provide 3 are

given as follows.

Condition A: If there are some available unused bands for

overlay and/or underlay spectrum access;

1) If the exact 3 is available in the overlay mode, follow the

two steps of case 1 in the O-EDSM method to determine B.

2) If the exact [ is not available in the overlay mode;

Determine d and d,;, parameters using (18) and (20).

a. Ifd=d,,;

If'the exact f is available in the underlay mode, follow the
two steps of case 1 in the O-EDSM method to determine
B.

If the exact  is not available in the underlay mode either;

Find an available effective bandwidth that provides the
most approximate desired effective bandwidth in both
underlay and overlay modes. The available effective
bandwidth vectors for underlay and overlay modes are
denoted as ,, (m-element) and [,(k-element), respec-
tively.

The corresponding bandwidth error vectors for underlay
and overlay modes are denoted as p,, and p,, respec-
tively. These vectors are determined by using (12).

Determine the minimum bandwidth error p,,,,, using the
following equation,

Prmi—N(MUN(Pdm),min(py). 23)

Follow the last two steps of Condition A-2 section in
O-EDSM system to determine B.

b. If d>d,,;

Determine the most approximate effective bandwidth in
the overlay mode by following all three steps of Condi-
tion A-2 section in O-EDSM system.

Condition B: If there is no available bandwidth in the

spectrum using both overlay and underlay spectrum access;
Follow the steps in Condition B for the O-EDSM technique.

SIMULATION RESULTS AND DISCUSSIONS

One way of exploiting the usage of spectrum in underlay
manner is to increase d,;,. According to (20), d,;, depends on
thed,,K,, .. v, and f. By assuming thath,_, h, , and v are fixed
parameters, K, . and f are the main controllable parameters
that affects d,,,. The parameter f has two main effects on d”.
According to the first effect, d,;, is inversely proportional to f,
which can be seen clearly in (20). This effect can be explained
by the relationship between the frequency and radiated (“on
the air”) power. According to the second effect, which can be
explained by fin (15), fis proportional to d,,,. This implies that
increasing f will increase FBD, which translates into an
increase in d,,. As a result, it is recommended to consider
these two effects during the estimation of the optimum f,
which is out of scope of this specification.
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The second main parameter that effects the d,, is K,,, ...
which consists of P, . and P, . parameters. The former
one is determined by the regulatory agencies whereas the
latter one is determined by the designer and it is limited by the
hardware capabilities. The performance of CR transceiver are
limited between these two bounds, but it can have a capability
to operate adaptively between the bounds. Hence, the effects
ofK,, . on d,, for both indoor and outdoor environments are
studied and the results are plotted in FIGS. 1 and 2, respec-
tively. The results agree with that K, is proportional to the
d,,. Bandwidth determination equations (8) and (37) are
derived along with the EDSM to prove the concept of the
disclosed CPS. Since both estimators are obtained via CRLB,
they provide the optimum performances. However, it is dif-
ficult (especially for multipath case) to approach to the lower
bound in practice due to the non-linear characteristic of the
devices in CR transceivers. Furthermore, samples at or above
Nyquist rate are required since the bandwidth determination
equations are derived through Maximum Likelihood (ML)
estimation.

Since the f is dynamically changed in the CPS, sampling
rate is not an issue for the low [} whereas it can be an issue for
the high f. Either the signal can be down-converted to reduce
the analog-to-digital converter (ADC) requirements or it can
be assumed that CR has software defined radio (SDR) [2]
capability to digitize the signal at high sampling rates.
Dynamically changing the sampling rate and characteristics
of'the filters such as bandwidth and center frequency in both
transmit and receive chains are parts of the EDSM system,
which can also be realized by the SDR feature of CR.

There are several possible ways to improve the accuracy if
the exact f§ is unavailable and stringent accuracy is required.
One way of doing this is to employ the disclosed H-EDSM
scheme. Of course, this advantage comes with additional
complexity and a priori information requirements, which are
d and d;,. On the other hand, the disclosed O-EDSM is suit-
able for the applications where the desired accuracy require-
ments are relaxed relative to the H-EDSM. Notice that K, v,,
and v parameters are assumed to be fixed for the disclosed
EDSM. Another solution for bringing the accuracy to the
desired level as much as possible is to change these three
parameters adaptively as well. However, this improvement
also comes with the cost of additional complexity. Using
super-resolution algorithms for TOA estimation to improve
the accuracy [35] is another alternative technique. But, the
main drawback of this technique is that the accuracy improve-
ment for $=120 MHz is negligible. It can be concluded that
there is a trade-off between the positioning accuracy and the
complexity. In this specification, it is assumed that the refer-
ence and target CR devices are perfectly synchronized. How-
ever, additional accuracy error due to the imperfect synchro-
nization (which is a practical case) needs to be included when
modeling the overall performance of the disclosed CPS. As a
result, joint or disjoint synchronization and CPS algorithms
can be developed for CRs and consequently, the effects of
imperfect synchronization on the CPS performance can be
investigated and quantified further.

CONCLUSIONS

A novel CPS technique composed of bandwidth determi-
nation and EDSM modes to achieve accuracy adaptation is
presented. CR with the CPS provides given accuracy adap-
tively in both indoor and outdoor environments. Two EDSM
schemes, which are O-EDSM and H-EDSM, are presented.
The latter one can provide higher positioning accuracy than
the former one with the cost of additional complexity. For the
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H-EDSM, a switching algorithm that is used to manage the
transition between the underlay and overlay spectrum usage
modes is introduced. Simulation results along with the dis-
cussions on challenges and complexity of the implementation
of the disclosed CPS are presented.

Since the emphasis of this study is to develop the transmit-
ter side of the CPS, optimal and suboptimal receiver algo-
rithms for the CPS can be developed. Furthermore, the pre-
sented theoretical derivation of bandwidth determination
equation in multipath channels can be extended to the generic
case, where the paths can be overlapped and/or non-over-
lapped depending on the transmission bandwidth and envi-
ronment. Finally, synchronization algorithms for CRs can be
developed and the effects of imperfect synchronization on the
performance of CPS can be studied.

APPENDIX

Derivation of Bandwidth Determination Equation in
Multipath Channels

After passing the transmitted signal (1) through multipath
propagation channel, the received signal takes the following
form,

L @4
r0 =Y ajs—7))+n(),

=1

where L is the number of paths, . and t; are the amplitude
and delay of jth path, respectively. For the sake of simplicity,
the path gain is assumed to be real to neglect the set of
unknown path phases. Moreover, high-accuracy positioning
requires utilization of large bandwidth during the transmis-
sion.

As aresult, there exists another set of unknown parameters
that are called frequency-dependent path gains in the UWB as
well as wideband propagation channel environments [36]-
[39]. To simplify the analysis, this set of unknown parameters
is not included into the trial vector either. Let the channel
unknown parameters vector 0 tobe [y, ..., 0. T), ..., T, T,
which has 2 L elements. The corresponding FIM can be
obtained by following the similar steps in AWGN channel
case. The resultant FIM is a 2 Lx2 L matrix and it can be
represented as [14],

@5

|: Maa Mar :|
Jo = ,
Mar MTT

where each element of Jg is an LxL. Hessian type matrix
that has the following form,

Jalal Jalaz JalaL (26)
Jaya Jasa o Jaye
291 292 29L
Moa=| ' :
Jajo Jojey oo Jajap

Note that for low positioning accuracy, small effective
bandwidth is required. This results in paths to be overlapped
inthereceived signal. In such case, it is a tedious task to derive
the closed-form of submatrices of FIM (e.g. M,,.). Therefore,
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it is assumed that the paths are not overlapping (large band-
width assumption) in order to simplify the derivation of band-
width determination equation in this specification. As aresult,
the following equation that determines the elements of M,
matrix is obtained by assuming that the paths are not over-
lapping each other [14],

Joja; = Kvse, if i=j )]
Moo = R
Ja‘.aj =0 ifi#j
wherei=1,...,Landj=1,..., L. As aresult, M, matrix
is given by,
Moo =KYs€plzzs (28)

where 1., is an LxL identity matrix. Similarly, the ele-
ments of M, are determined based on the following equa-
tion,

Jose; = 2Ky 00 if i= 29
Mor = . )
Ja‘.rj =0 ifi#j
where
. Tp .
4= f pOPD AL Mar
0
is a diagonal matrix that is given by,
Mm:—zK‘{stpdiag(ala e O (30)

where diag(.) represents the diagonal matrix. With a simi-
lar approach, the elements of M__ matrix are obtained using
the following equation,

Jr‘-rj = nypriZ ifi=j EO)
M =

e =0 ifie)

where
. o
§p=f0 [p@]" dr. M

is also an orthogonal matrix and has the following form,

Mn:KYstpdiag(alza e 0 ) (32
The FIM in (25) can be written as in (33).
eplixr —ZZpdiag(ozl, e Oy (33)
Jo = Ky ) s .
—ZZpdlag(ozl, @)y pdiagled, ., s

Using FIM in (33), the variance of each delay estimate ™,
(CRLB) can be obtained as follows [20],
var[r =K, (6,76, e Jo) ™
Since (34) is analytically intractable to derive the band-
width determination equation, the inventors represent (34) in

(34)
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the frequency domain by using Fourier transformation along
with its time differentiation property,

e v (35)
valdi) = g G PO

where P(w) is the Fourier transform of p(t) and G(p,w,P
(w)) is defined as,

[i:mwlP(w)lzdw]z 36)

G(B, w, P(w) = B -
(B, w, P(w) = B T=ireE aw

By a simple manipulation of (35), the bandwidth determi-
nation equation is obtained,

VM () 37

Kysai

G(B. w, Pw)) =

For instance, if CR needs to improve the accuracy from
M(d,) to M(d,) (M("d,)<M("d,)), the required bandwidth
will be increased from 3, to f3,. In this case, the following
relationship holds by assuming the pulse waveform is fixed,

GBi, w, Pw) _ M) (38)

G(B2, w, P(w)) M)

Supplemental Simulation Results

The inventors study the performance of ML estimator for
accuracy adaptation in multipath channels where all the paths
are independent. The following simulation parameters are
used to obtain the results presented in this section: v=3 £ 108
m/s, K=10 symbols, ®=1, and the results are averaged over
1000 simulation runs. Furthermore, Overlay Dynamic Spec-
trum Access (O-DSA) technique is considered. In the
O-DSA, the inventors choose to use Uniform distribution
Ula; b] for the available bandwidth. The range for number of
available bandwidth that is used for the simulations is U[0;
100]. Moreover, the inventors consider 6 different desired
accuracy generated randomly using U[0; 80]m distribution
forthe desired accuracy. The results showing the performance
of ML estimator in terms of ¥4["d] for achieving the desired
accuracy are plotted in FIGS. 4 and 5. The randomly gener-
ated desired accuracies are f2; 64; 48;37; 51; 2 gm, which is
shown in FIG. 4. Three case are considered to study the
performance of ML estimator. The first case referred as “theo-
retical” where the infinite number and value of bandwidth
available to achieve and track the desired accuracies. As the
inventors proved previously, ML estimator achieves the
desired accuracy dictated by the optimization criteria
(CRLB) exactly and this result is supported in FIG. 4 as well.
However, due to the nature of O-DSA, the number and value
of bandwidth are limited, which is a practical consideration.

In order to study the effects of O-DSA on the performance
of ML estimator, two cases are considered, which are U[0; 10]
MHz and U[0; 50] MHz. The performance of ML estimator
for the case of U[0; 10] MHz is as good as theoretical case. On
the other hand, the performance in the case of U[0; 50] MHz
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is worse than that of U[0; 10] MHz. The relative distance
estimation error performance of ML estimator for both U[0;
10] MHz and U[0; 50] MHz cases are plotted in FIG. 5.
According to these results, the performance of ML estimator
in the case U[0; 10] MHz outperforms U[0; 50] MHz case. It
can be concluded that the randomness in the available band-
width plays an important role on the performance of ML
estimator in practical scenarios.

Itwill be seen that the advantages set forth above, and those
made apparent from the foregoing description, are efficiently
attained and since certain changes may be made in the above
construction without departing from the scope of the inven-
tion, it is intended that all matters contained in the foregoing
description or shown in the accompanying drawings shall be
interpreted as illustrative and not in a limiting sense.

It is also to be understood that the following claims are
intended to cover all of the generic and specific features of the
invention herein described, and all statements of the scope of
the invention which, as a matter of language, might be said to
fall therebetween. Now that the invention has been described,
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What is claimed is:

1. A method of estimating one-dimensional location infor-
mation between two synchronized cognitive radio devices,
the method comprising:

determining a required effective bandwidth to achieve a

predetermined position accuracy, according to the equa-
tion:

VEM(d)
pB= , where
Kys

v is the velocity of a radio wave between the two cogni-
tive radio devices,

M(d) is the position accuracy of the two cognitive radio
devices,

K is the number of observation symbols in the radio
wave, and

v, 1s the signal to noise ratio of the symbols; and

transmitting a signal at the required effective bandwidth

whereby the predetermined position accuracy is

achieved to resolve location information between the

two synchronized cognitive radio devices.

2. A method of estimating multi-dimensional location
information between cognitive radio devices, the method
comprising:

determining an effective bandwidth to achieve a predeter-

mined position accuracy, according to the equation:

vM (d;)

, where
Kysa;

G(B. w. Pw)) =

v is the velocity of a radio wave between the cognitive
radio devices,

M(d,) is the position accuracy of the ith path between the
cognitive radio devices,

K is the number of symbols in the radio wave,
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v, 1s the signal to noise ratio of the symbols, and
o, is the amplitude of the ith path; and

transmitting a signal at the required effective bandwidth
whereby the predetermined position accuracy is
achieved to resolve location information between the
two synchronized cognitive radio devices.

3. A method of overlay enhanced dynamic spectrum
(O-EDSM) in a cognitive positioning system, the method
comprising:

determining if an exact effective bandwidth () is available

for an overlay mode;

determining a relative bandwidth (B) using available band-

width (x,,), responsive to the exact effective bandwidth
being available for the overlay mode;

performing the following operations, responsive to the

exact effective bandwidth not being available for the

overlay mode:

determining a bandwidth error vector (p,) for the over-
lay mode;

determining an effective bandwidth vector (3,) for the

overlay mode;

determining the corresponding available relative band-
widths (&,,) for the effective bandwidth vector (f,);
and

determining the relative bandwidth (B) using the corre-
sponding available relative bandwidths (%X,,) and

transmitting a signal in the cognitive positioning system
at the relative bandwidth.

4. The method of claim 3, wherein the relative bandwidth
(B) is determined according to the equation

B= {xﬁ i= mgnax(xn>},

where x,, is the available bandwidth in the spectrum.

5. The method of claim 3, wherein the bandwidth error
vector (p,) for the overlay mode is determined according to
the equation p,=If,~f! where (3, is the k-element vector of
available effective bandwidth ordered from low to high center
frequency for a given time.

6. The method of claim 3, wherein the effective bandwidth
vector (f,,) is determined according to the equation

B, = {ﬁk» k= argmax(pn},

where p,. 1s the bandwidth error vector for the overlay mode.
7. A method of hybrid overlay and underlay enhanced
dynamic spectrum (H-EDSM) in a cognitive positioning sys-
tem, the method comprising:
determining a distance between two cognitive radio
devices (d);
determining a threshold distance (d,;,);
performing the following operations, responsive to the dis-
tance between the two cognitive radio devices (d) not
being greater than the threshold distance (d,,) and
responsive to the exact effective bandwidth () not being
available in the overlay mode:
determining a bandwidth error vector (p;) for the over-
lay mode;
determining a bandwidth error vector (p,,,) for the under-
lay mode;
determining the minimum bandwidth error (p,,,,,);
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determining an effective bandwidth vector (3, for the
mode that provides the minimum bandwidth error
(P

determining the corresponding available relative band-

widths (&) for the effective bandwidth vector (f,);
and

determining the relative bandwidth (B) using the corre-
sponding available relative bandwidths (X,,); and

transmitting a signal in the cognitive positioning system at
the relative bandwidth.

8. The method of claim 7, wherein the distance between the
two cognitive radio devices (d) is determined according to the
equation

d =05

5

d,
do+ /d§+\/kv—}
fr

where d,, is the Fresnel breakpoint distance, k is the instanta-
neous dynamic range of the receiving cognitive radio device,
v is the velocity of a radio wave between the cognitive radio
devices, and f is the velocity of a radio wave between the
cognitive radio devices.

9. The method of claim 7, wherein the threshold distance
(d,;,) is determined according to the equation

dy
d, + d§+\//<maxv— R
fr

where d, is the Fresnel breakpoint distance, K,,,,,, is the maxi-
mum instantaneous dynamic range of a receiving cognitive
radio device, v is the velocity of a radio wave between the
cognitive radio devices, and f is the velocity of a radio wave
between the cognitive radio devices.

10. The method of claim 7, wherein the threshold distance
(d,;,) is the coverage radius that one of the cognitive radios can
establish a link with the other cognitive radio at an acceptable
QoS level.

11. The method of claim 7, wherein the bandwidth error
vector (p,) for the overlay mode is determined according to
the equation p,=f3,-p<P where f3, is the k-element vector of
available effective bandwidth ordered from low to high center
frequency for a given time.

12. The method of claim 7, wherein the bandwidth error
vector (p,,) for the underlay mode is determined according to
the equation p,,=If,,—flo where f3,, is the m-element vector
of available effective bandwidth ordered from low to high
center frequency for a given time.

dw =105

13. The method of claim 7, wherein the minimum band-
width error (p,,;,) is determined according to the equation

P (MUN(P,,,,,), MIN(Py))-
14. The method of claim 7, wherein the effective band-
width vector (f3,,) is determined according to the equation

B, = {ﬁq lg= argmin(pq)},
q

where p, is the minimum bandwidth error vector.
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15. The method of claim 7, wherein the relative bandwidth
(B) is determined according to the equation

B= {xﬁ 7= argmaX(xn)},

n

where x,, is the available bandwidth in the spectrum.
16. The method of claim 7, further comprising:
performing the following operation, responsive to the dis-
tance between the two cognitive radio devices (d) being
greater than the threshold distance (d,;,):
determining a bandwidth error vector (p;) for the over-
lay mode;
determining an effective bandwidth vector (3,) for the
overlay mode;
determining the corresponding available relative band-
widths (%,,) for the effective bandwidth vector (Bn);
and
determining the relative bandwidth (B) using the corre-
sponding available relative bandwidths (X,).
17. The method of claim 16, wherein the relative band-
width (B) is determined according to the equation

B= {xﬁ i= mgnax(xn>},

where x,, is the available bandwidth in the spectrum.

18. The method of claim 16, wherein the bandwidth error
vector (p,) for the overlay mode is determined according to
the equation p,=If,—p! where f, is the k-element vector of
available effective bandwidth ordered from low to high center
frequency for a given time.

19. The method of claim 16, wherein the effective band-
width vector (B,) is determined according to the equation

B.= {E; k= argkmin(pk)},

where p,, is the bandwidth error vector for the overlay mode.
20. The method of claim 7, further comprising:
determining a relative bandwidth (B) using available band-
width (x,), responsive to the distance between the two
cognitive radio devices (d) not being greater than the
threshold distance (d,;,) and responsive to the exact
effective bandwidth () being available in the overlay
mode.
21. The method of claim 20, wherein the relative band-
width (B) is determined according to the equation

B= {xﬁ i= mgnax(xn>},

where x,, is the available bandwidth in the spectrum.
22. A cognitive radio device comprising:
a processor; and
a memory storage including instructions that cause the
transmitting radio device to perform:
determining if an exact effective bandwidth () is avail-
able for an overlay mode;
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determining a relative bandwidth (B) using available
bandwidth (x,), responsive to the exact effective
bandwidth being available for the overlay mode;
performing the following operations, responsive to the
exact effective bandwidth not being available for the
overlay mode:
determining a bandwidth error vector (p,) for the
overlay mode;
determining an effective bandwidth vector (3, for the
overlay mode;
determining the corresponding available relative band-
widths (&) for the effective bandwidth vector (f,);
and
determining the relative bandwidth (B) using the corre-
sponding available relative bandwidths (X,,); and
transmitting a signal from the radio device at the relative
bandwidth.
23. The cognitive radio device of claim 22, wherein the
relative bandwidth (B) is determined according to the equa-
tion

B= {xﬂ i= argmax(m},

where x,, is the available bandwidth in the spectrum.

24. The cognitive radio device of claim 22, wherein the
bandwidth error vector (p,) for the overlay mode is deter-
mined according to the equation p,=If,—f| where 3, is the
k-element vector of available effective bandwidth ordered
from low to high center frequency for a given time.

25. The cognitive radio device of claim 22, wherein the
effective bandwidth vector (8, is determined according to
the equation

B, = {Ek» k= argkrmn(pu},

where p, is the bandwidth error vector for the overlay mode.
26. A first cognitive radio device comprising:
a processor; and
a memory storage including instructions that cause the
transmitting radio device to perform:
determining a distance between the first cognitive radio
device and a second cognitive radio device (d);
determining a threshold distance (d,,);
performing the following operations, responsive to the
distance between the first and second cognitive radio
devices (d) not being greater than the threshold dis-
tance (d,;,) and responsive to the exact effective band-
width (§) not being available in the overlay mode:
determining a bandwidth error vector (p,) for the
overlay mode;
determining a bandwidth error vector (p,,) for the
underlay mode;
determining the minimum bandwidth error (p,,;,);
determining an effective bandwidth vector (3,,) for the
mode that provides the minimum bandwidth error
(pmin);
determining the corresponding available relative
bandwidths (X,,) for the effective bandwidth vector
(B,) and
determining the relative bandwidth (B) using the cor-
responding available relative bandwidths (X,,); and
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transmitting signals between the first and second cogni-
tive radio devices at the relative bandwidth.
27. The first cognitive radio device of claim 26, wherein the
distance between the first and second cognitive radio devices
(d) is determined according to the equation

d,
d, + d§+\/;v—o}
fr

where d,, is the Fresnel breakpoint distance, k is the instanta-
neous dynamic range of the receiving, second cognitive radio
device, v is the velocity of a radio wave between the first and
second cognitive radio devices, and f'is the velocity of aradio
wave between the first and second cognitive radio devices.

d =05

5

28. The first cognitive radio device of claim 26, wherein the
threshold distance (d,;,) is determined according to the equa-
tion

dp =105

dp
do+ | &+ Vi o2 |
fr

where d,, is the Fresnel breakpoint distance, K, is the maxi-
mum instantaneous dynamic range of the second cognitive
radio device, v is the velocity of a radio wave between the first
cognitive radio device and the second cognitive radio device,
and fis the velocity of a radio wave between the first cognitive
radio device and the second cognitive radio device.

29. The first cognitive radio device of claim 26, wherein the
threshold distance (d,;) is the coverage radius that the first
cognitive radio device can establish a link with the second
cognitive radio device at an acceptable QoS level.

30. The first cognitive radio device of claim 26, wherein the
bandwidth error vector (p,) for the overlay mode is deter-
mined according to the equation p,=If3,—f| where 3, is the
k-element vector of available effective bandwidth ordered
from low to high center frequency for a given time.

31. The first cognitive radio device of claim 26, wherein the
bandwidth error vector (p,,) for the underlay mode is deter-
mined according to the equation p,,=If,,—p| where 3,, is the
m-element vector of available effective bandwidth ordered
from low to high center frequency for a given time.

32. The first cognitive radio device of claim 26, wherein the
minimum bandwidth error (p,,,,,) is determined according to
the equation p,,,;,,=(min(p,,), min(p,)).

33. The first cognitive radio device of claim 26, wherein the
effective bandwidth vector (f8,,) is determined according to
the equation

B, = {Bq IE argrnin(pq>},
q

where p,, is the minimum bandwidth error vector.

34. The first cognitive radio device of claim 26, wherein the
relative bandwidth (B) is determined according to the equa-
tion
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B= {xﬁ 7= argmaX(xn)},

n

where x,, is the available bandwidth in the spectrum.

35. The first cognitive radio device of claim 26, wherein the
memory storage further includes instructions that cause the
first cognitive radio device to perform the following opera-
tions, responsive to the distance between the first and second
cognitive radio devices (d) being greater than the threshold
distance (d,;,):

determining a bandwidth error vector (p,) for the overlay

mode; B
determining an effective bandwidth vector (f3,,) for the
overlay mode;

determining the corresponding available relative band-

widths (X,,) for the effective bandwidth vector (f3,); and
determining the relative bandwidth (B) using the corre-
sponding available relative bandwidths (X,,).

36. The first cognitive radio device of claim 35, wherein the
relative bandwidth (B) is determined according to the equa-
tion

B= {xﬂ i= argmax(m},

where x,, is the available bandwidth in the spectrum.

37. The first cognitive radio device of claim 35, wherein the
bandwidth error vector (p,) for the overlay mode is deter-
mined according to the equation p,=If,—f| where 3, is the
k-element vector of available effective bandwidth ordered
from low to high center frequency for a given time.

38. The first cognitive radio device of claim 35, wherein the
effective bandwidth vector (8, is determined according to
the equation

B, :{} |k :argkrmn(m},

where p, is the bandwidth error vector for the overlay mode.
39. The first cognitive radio device of claim 26, wherein the
memory storage further includes instructions that cause the
first cognitive radio device to perform:
determining a relative bandwidth (B) using available band-
width (x,,), responsive to the distance between the first
and second cognitive radio devices (d) not being greater
than the threshold distance (d,;) and responsive to the
exact effective bandwidth () being available in the
overlay mode.
40. The first cognitive radio device of claim 39, wherein the
relative bandwidth (B) is determined according to the equa-
tion

n

where x,, is the available bandwidth in the spectrum.
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